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SEIIINAR UMIJ'ORII SPACES 1976-77 

PBODUCTS O, UNIFO SPACRS (SUIIMARY) 
••·Bulů:

This o:t' resulta :from th -paper with the HIiie title 

which ia aubmitted for publication in Csech.llath.J. It deala with th• 

productivity ot corefi ctive aubcategoriea ot unitorm epacea. Ther•­

aulta generalize thoee publiahed in the earlier Seminar Unitorm Spacea. 

'.n¼!2t..8!_!:. The :t'ollowing conditiona tor a coretlective aubcategory 

t ot Uni:t' are equivalent: 

(a) ť containa all powera ot unitormly diacret apacea;

(b) A product belonga to ť it all :t'inite aubproducta belong to

<e •

22t2!!!!7� A coref'lective aubeategory ot Unit ie productiv itt it 

is tinitely productive and containe all powera of unitorml.y clieerete 

apacea. 

tli• next two reaulte are not etated h re in tull gen rality becaua 

thia ou1d require the detinition of special uniform epacG- d p nding 

on relativel.y eequential cardinals. 

�!2!:P-i:. If a core:t'lective subcategory 'ť o:t Unif' cont ins l 

fine spacea, then a product belonga to � if any cc tab au 

belonga to ť • 

--!2r!!_J� The tollowing conditione are q ival n· for 

tive aubcategory ť ot Uni:t' cont i:nin ell f'ine sp rH 

(a) '(; eontaina all cowitable er cf unUor-ii\l · diaeret. 

(b) e containe t.lll • trizabl pace11; 

duet. 

apacea; 

{c A nřlu.c: fi�.? .. tc ··uts roducta belong to 
,,,.., 
(., ., 

22!:2¼!!!2..!
.:. _If' F ia a concrete tunctor on Unit that preeervea

prexiaity, then a product i• F-tine itt all tinite aubproducta ar 

F-tine.
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�2!!m� (MA). If there is no (two-valued) meaaurable cardinal, 

then coref'lective eubcategory ť of Unif' ia productive i1'f it ia 

countably productive (or itt it is tinitely productive and containe

the Cantor space or a co�verging aequence). 

It followa :f'rom the proof of theor• 2 tbat any product of unij-on 
� 

apacea inductively generated by canonical embeddinga ot countable aub-

producta and by f'ine epaces, or tbat 7Tl'.i ia incluctively gener•ted 
I I 

by the topol.ogical aoditication of 1 »x1 �Dl'.i i• tbe unitor111q dia-

crete oditication ot x1) and by a (Ooraon) í: -pi-o.duet of XI• •.

!heorea •• ,or any in:tinite cardinal K t.here are corefiective _ _. _______ _____ 

aubcategoriea ť in Unit and apacea X,c, E ť , oe.. < K , auch tbat 

IT%«, fÍ. ť, , but. lf X"" E ť for any ./3 < K. • 
�<K «<fo 

tt!!2t!!..2! Eaeh prorlmally continuoua and aeparately unitoraly con 

tinuoua map on the product of' a unitol"ll apace and·precoapact apace ia

unitormly continuoua. 

The proof dittera :trom the earlier one; it uaee t.he rel.ationa ( Y 

precoapact): 

ucx-Y,pZ) :s U(Y, U(X,pZ))::, tJ(Y,U(X,Z)) • U(X•Y,Z) • 

!b!2!:!!_§� H 7 ia a concrete functor on Unit preaerYing proxi­

aity, each Xi ia 1'-:t'ine, and al.l but at. aoat one x1 ia precoapact, 

then TTX. ia F-fiDe. 
1 ·  

An example is provided tbat in �eor• 6, F-tiDe apacea cannot. be

replaced by a coretlective aubcategor;y ť of' Unit contaiaing a1l pro­

xi.mal.ly f'ine apacea ( f'. ie the coretlectiv-e hul.l O't au prf'xiMll,7 

ti.ne epacea end o:r a fineat precoapact intinite apace). 

�!2t!Dl_Z� Let ť be & :oreflective subcategory ot Unif contai.D• 

ing all fine space " I:r X"D E 'e tor a unitormly ,Userete e-pac.e D ,

then X"Y E ť for each Y E ť admitting dX (denaity cb.aracter) 

with cardY < card D. 

By a eimil.ar aethod, on can prove t.hat if' t cont.a:ina all pi-oxi-
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� tine apacea and x�» E e , t.hen X• !fXi E 't prnided Mch x
1 I 

bas a linear� ordered baae and card rrx1 � card D •

�!2t!!_@:. No proper coret'lectiTe aubcat.ego17 o'f Unit' containing

all tine apacea i• tinitel7 producti••• 

tQ!2t!!.l
:. 

Let r b• an apper aodit'icat.ion in tklit' and D a mai­

torml.7 diacrete aubapace � X .  'It D.-P ia not J'-tine, t.he X•P ia 

not P-tine. 

��¼��:. A pro�iaall7 tine apace X ia precoapa.ct itt X•Y ia 

proziaall.7 ti.ne tor eacll pro:d■ally tine epace Y .  

Theor• 9 can be ext.eded to other corefiect.iTe eubcat.egori••• but 

I do not know tbeir Dice deacription. �.g. it' t i• the cla•• ot 

cos-tine or tine epacea, t.ban tor each non-precoapact X E 't there i• 

a ti.ne Y euch that X•Y f/. ť •

There are exaaple• ehowing t.hat 'fheor• 9 ia not. valid in•pneral 

<•••• a coreÍ'lectiYe aubcat.egory. t' o't Unit' .ia conatructed auch thet 

ť containa al.l tine apacea and t.here ie a count.able 0-diaenaional 

P such t.hat. v. 1<P f.. ť. , but Cone K 1-X E t' 't'or all X E e). 


